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Abstra
t:

We say that a regular 
ardinal κ ≥ ω has the tree property if there are no κ-Aronszajn trees. It is known

that if 2ω = ω1, there are ω2-Aronszajn trees; thus the tree property at ω2 implies the negation of CH (and

analogously for larger 
ardinals). All the usual for
ings for the tree property at ω2, su
h as the Mit
hell

for
ing or the Sa
ks for
ing, give 2
ω

= ω2. We show that the �gap two� is no 
onsequen
e of the tree

property: indeed, we show that � starting with in�nitely many weakly 
ompa
t 
ardinals � the tree property


an hold at every even 
ardinal below ℵω and the 
ontinuum fun
tion below ℵω 
an be arbitrary (su
h that

2
ω2n ≥ ω2n+2, n < ω). We prove a similar result for the weak tree property as well (κ has the weak tree

property if there are no spe
ial κ-Aronszajn trees).
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