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ON THE CHOICE IN ROSENTHAL'S LEMMA

Abstrat:

Rosenthal's lemma in its most basi form states that given an in�nite matrix (mk
n)n,k∈ω of non-negative

reals suh that
∑

n∈ω mk
n ≤ 1 for every k ∈ ω, and ε > 0, there exists an in�nite set A ⊂ ω suh that∑

n∈A,n 6=k m
k
n ≤ ε for every k ∈ A. The lemma has numerous important appliations in Banah spae

theory and vetor measure theory � I will mention some of them during the talk (on the �y explaining and

exemplifying all notions and terms).

A natural question arises � an the hoie of a set A in Rosenthal's lemma be somehow ontrolled, i.e. an

A be hosen from some �xed family F ⊂ [ω]ω? I will show that it is not possible if F has ardinality stritly

less than ov(M) (the overing of ategory). On the other hand, if F is a basis of a seletive ultra�lter

(assuming one exists), then A an be hosen from F .
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