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USEFUL AXIOMS

Abstra
t:

I overview several aspe
ts of for
ing axioms whi
h (in my eyes) give solid mathemati
al arguments ex-

plaining why these axioms are so useful in establishing new (
onsisten
y) results and/or theorems.

� The �rst aspe
t outlines that for
ing axioms are natural strengthenings not only of Baire's 
ategory

theorem, but also of the axiom of 
hoi
e (these are two of the most useful non-
onstru
tive prin
iples

in mathemati
s), and also strengthenings of most large 
ardinal axioms (at least for 
o�nally many of

them).

� The se
ond aspe
t outlines that Shoen�eld's absoluteness, Cohen's for
ing theorem, and Los theorem

for standard ultrapowers of a �rst order stru
ture by a non prin
ipal ultra�lter are all spe
i�
 instan
es

of a more general form of Los theorem whi
h 
an be de
lined for what I 
all boolean ultrapowers.

� The third aspe
t outlines how strong for
ing axioms and Woodin's generi
 absoluteness results are two

sides of the same 
oin and will try to explain how stronger and stronger forms of generi
 absoluteness


an be obtained by asserting stronger and stronger for
ing axioms. In this 
ontext 
ategory theoreti


ideas start to play a role and we are led to analyze for
ings whose 
onditions are (
ertain 
lasses of)

for
ing notions and whose order relation is given by (
ertain 
lasses of) 
omplete embeddings.

There is a surprising analogy between the theory of these 
lass for
ings, the theory of towers of normal

ideals, and many of the 
lassi
al arguments yielding generi
 absoluteness results. For what 
on
erns the �rst

two aspe
ts of my talk, I do not 
laim authorship of essentially none of the result I will be talking about,

nonetheless it is hard to attribute 
orre
tly the relevant results.

http://www.logi
.univie.a
.at/
Resear
h_seminar.html
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